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8. Solution of Problem (7.2) in (1).

K.H. Hofmann has pointed out to nme, that an affirmative answer to
this problem can be drawn from Proposition 4 in (2). We restate the

following cdefinition from (2):

3.1)In a complete lattice S we write XK y , if the following holds:
For every updirected subset D af S such that ¥y=< sup D , there
is an element d in D such that x-~<d .

We note: -

(8.2) If x<x y<xz , then x<& 2z .

(8.3) If x<&y , then x<€ 7 .

(8.4) X K=y iff x‘<¥* ¥y (For <<+ see sec.5 in 1).
Proposition 4 in (2) asserts:

(R.5) In every compact semilattice, X'GKfyh iff x<y , where x< ¥
is defined to mean that y is interior to the principal filter
genérated by x as in sesc. 7,

~Thus, for compact semilattices we conclude:
(8.6) If x<ky<z , then z< 2z .

.6
(B.8) x<«*y iff x<«y .
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The last statement shows that the left reflector (. 0K:(C8 —> CL
constructed in sec. 7 is nothing but the restriction of the lefs:
reflector . OW':L — CL in sec.6 to the 'subcategory' CS of L .
For the same reason the kernel operators Vg and W of (6.5) and

(7.11) coincide on a compact semilattice S .

9, Further comments.
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Proof., Suppose that ¢ preserves updirected suprema and let =x = ¥,
In order to preve x =<ty let D be an updirected subset of L
with y ¢ sup D . Then x ¢ <(y) < <¢(sup D) = Uic(a) ; de?Df s
whence x e€<{(d) , i.e. xc d for some d e D . Conversely,
sunpose that x oy =2 x<<y . Let D ©be an updirected subset
of L and a = sup D . Clearly, <(a) contains <« {(d) for zll

d in D , At the other hand, if =x ¢ c(a) , then xc a , whence
x za'wa for some a' . Then a'<c a = sup D by hypothesis.
Consequently, a' {( & for some & in D . We conclude that

x ¢ c(d)

For the surjectivity of -¢ , note that for every prmpmr ideal

Ie 3.(L) we have I = L){c(d) y de I} = c(sup I) , if we assume
that < vreserves updirected suprema. The remaining assertiouns
are then clear.”x : ®
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